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Abstract: In this paper we present an entropy based method to analyze complex systems. Systems are treated as black boxes, which only expose information by some
speciﬁed parameters. To decide whether a system shows self-organizing behavior in
terms of the speciﬁed parameters, the calculated entropy values are preprocessed using low-pass ﬁlters. The time derivative of the smoothed entropy curve is used to
analyze the short-term behavior of the system. A larger ﬁlter is used for the analysis
of the long-term behavior. Different evaluations show that in principle self-organizing
behavior can be recognized with our approach.

1 Introduction
The major challenges for Organic Computing systems are to use the advantages of selforganization [Ash62][Sch97][Hey99][Sti98] by ﬁnding ways to recognize and control it
[Sch05]. The ﬁrst step is to monitor the system’s parameters to extract information, which
can be used as input to the controller. In many cases, especially for Organic Computing
systems, no exact behavioral model of the overall systems exists, because these systems are
intentionally built to expose self-organizing behavior. Thus, it is hardly possible to reason
about the actual state of the system and when a change leads to self-organization or not.
The same applies for distributed systems or systems which must be treated as a black-box,
where the system state is unknown, but only some parameters can be measured.
Our work is a generic approach towards an automated detection of self-organizing behavior employing entropy values [EFS98] calculated from measured parameters. Different
approaches are used to evaluate the short-term and long-term behavior. Before we calculate the time derivative of the entropy values we apply a low-pass ﬁlter to smooth the
entropy values. Our approach analyzes the short-term as well as the long-term behavior
of the entropy values, because only the combination of both gives meaningful information
in terms of a system’s self-organizing behavior. The output of our automated approach
matches very closely the ﬁndings of scientists with appropriate domain knowledge.
The remainder of this paper is structured as follows. In the next section related work is
presented. In Section 3 and 4 we present the details of our approach for an automated detection of self-organizing behavior. Section 5 shows the evaluation results of two examples
and the paper closes with a conclusion in Section 6.
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2 Related Work
In [MMS06] a controller/observer-architecture is introduced to determine emergent behavior of complex systems. In order to decide whether a system shows emergent behavior
or not, the authors ﬁrst need to show that the system is self-organizing, as they postulate
self-organization as a precondition for emergent behavior. Therefore they calculate the
entropy at the beginning and at the end of a process. If the difference is greater than zero
the system is supposed to exhibit emergent behavior. The drawback of this approach is
that the user has to manually choose the start and end point of the process used to calculate the difference of the two entropy values. Signiﬁcant changes inside the interval are
totally ignored. So, relevant changes indicating self-organizing behavior will be missed.
Our evaluations of the same model [Ger08] show that we do not need to explicitly declare
the start and end points because our system evaluates the entropy over the whole period
of time. Furthermore we show that it is important to analyze the short-term and long-term
behavior of the system to detect self-organizing behavior.
Our approach using entropy values to extract information from different parameters has
strong similarities with decision trees, e.g. trees built by C4.5 algorithm [Qui93]. These
algorithms use the entropy to calculate the information gain at every single time step, to
ﬁnd the most suitable parameter for the next split of the data set. We are not interested in
ﬁnding a good split of the data set but in the chronological characteristic of the entropy
values over the contemplated time interval.

3 Entropy value calculation
In general we treat complex systems as black boxes and only want to use the measured
parameters of a system for our automated detection of self-organizing behavior. Therefore, we have to process the information with the following steps to ﬁnally calculate the
entropy values. First the parameter values must be discretized to create a histogram in the
second step. With the histogram the probabilities of every possible value can be calculated, which is needed for the calculation of the entropy values. As we want to compare
the entropy values of different parameters, we calculate the normalized entropy values for
every parameter. An entropy value has to be calculated for every simulation step. So, the
calculations, which are explained in detail in the following sections, have to be done for
every single simulation step of every parameter.
3.1

Value discretization

The calculation of an entropy value depends on a the amount of possible values within a
parameters’ value range. As we want to build a system that can be used at runtime to detect
self-organizing behavior, we must restrict the amount of possible values of a parameter.
This is done by discretizing real-valued parameters and discrete parameters with a high
range of possible numbers.
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For our approach we assumed an upper bound of 1000 discretization steps, which was
never exceeded for any of the examples we evaluated. We know that we introduce a small
error concerning the calculation of the entropy. On the other hand the discretization leads
to much faster calculations and gives our system the capability to be used online.

3.2

Histogram creation and probability calculation

With the discretized parameter values we can create a histogram for every parameter. The
histograms are needed for calculation of the probabilities of the parameter values. Therefore, we count the amount of every single parameter value in the input data.
In the evaluated chicken farm simulation (see Section 5) for example, we count the x- and
y-coordinate of every chicken in two histograms. In the simulation data a ﬁeld with 30 xand y-positions were given. So, the histograms for the x- and y-coordinates had a size of
30. If n chickens were on the same ﬁeld the x and y histograms would have the number n
for one value and zero for all other 29 values.
If the histogram has n bins, the probability pi of a value (bin) in the histogram is calculated
with Equation 1 by dividing the amount of entries for one value mi at position 1 ≤ i ≤ n
in the histogram by the total amount of entries k. The probability at position i in the
histogram is zero, if there is no entry at i and one, if only one position i of the histogram
has all k entries in the histogram.
pi = mi /k

3.3

(1)

Entropy calculation

The automated analysis calculates the entropy values H [Sha48] of each parameter at every
simulation step with Equation 2. The value pi is the probability of a discretized value of
the histogram as calculated in the previous section. The upper bound n in Equation 2 refers
to the amount of bins in the previously calculated histogram.
n

pi · log2 (pi )

H=−

(2)

i=0

As we want to compare different data series we need to normalize the calculated entropy
values. The normalized entropy value Hnorm of each parameter is calculated as shown
in Equation 3 using the maximum entropy Hmax . The maximum entropy is reached if
every position i of the histogram has the same amount of entries, which leads to the same
probability pi for all values of a parameter.
Hnorm =

H
· 100 , Hmax = log2 (n)
Hmax
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Figure 1: Rectangle ﬁlter used to smoothen the entropy values

4 Automated detection of self-organization
Different complex systems may show varying characteristics of self-organization, e.g. one
system may change often and rather fast from one state to another and another system
may change states slowly over a longer period of time. Thus, a combined analysis of the
short-term and long-term behavior is used by our developed tool.
For the automated detection of self-organization, we need to post-process the calculated
entropy values. Therefore, we use ﬁlters and the time derivative of the entropy values as
input for the analysis of the systems’ short-term and long-term behavior.

4.1

Filtering the entropy values

The entropy values may show large differences between two time steps, leading to a discontinuous curve, therefore a low-pass ﬁlter is used to smooth the entropy values. The
low-pass ﬁlter calculates the mean of a speciﬁc range of entropy values speciﬁed by the
ﬁlter window size as shown in Figure 1. We use a small window size (e.g. 25 time steps)
for the calculation of the time derivative for the short-term behavior and a larger window
size (e.g. 10% of all simulation steps) for the analysis of the long-term behavior. These ﬁlter window sizes can be changed manually with our tool, but the above values have shown
good results in all of our evaluations.

4.2

Analyzing short-term and long-term behavior

The analysis of the short-term behavior employes the time derivative of the normalized
and smoothed entropy values. The time derivative values are calculated with a rectangle
ﬁlter as shown in Figure 2 with the same ﬁlter window size that is used to smooth the
entropy values (e.g. 25 time steps).
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Figure 2: Rectangle ﬁlter used to calculate the time derivative of the entropy values

The short-term behavior analysis checks the whole time span to detect peaks and monotone
regions in the time derivative. Depending on the maximum change of the time derivative
in a monotone region, we classify this region in one of ﬁve classes, which vary from “very
low change” to “very high change”. We are especially interested in signiﬁcant changes
and at which simulation step they occur as they are indicators for self-organizing behavior.
Due to the fact that we normalize the entropy values in the range of 0 to 100, we were able
to deﬁne ﬁxed ranges for the ﬁve classes of the local behavior. It turned out that “very
high changes” of the time derivative need to exceed a value of 15. The range from 0 to
15 is equally split among the four remaining classes starting with “very low change” from
0 to 3.75, up to “high change” in the range from 11.25 to 15. Nevertheless, the shortterm behavior analysis fails to recognize a slowly changing system because all changes
are categorized as “very low” in that case.
To recognize long-term changes in the entropy values, we use a global analysis. Therefore,
the entropy values, are ﬁltered with a low-pass ﬁlter of a larger window size (normally 10%
of all time steps). We divide the range of the entropy values and the time steps into three
equally sized intervals. Depending on the entropy level, which dominates a time interval,
a system is classiﬁed to one of the three aforementioned entropy levels. If our system
recognizes a change of the entropy level from one time interval to the next, this indicates
a long-term self-organizing behavior.

5 Evaluation
To evaluate our automated analysis, we used different systems as input for our tool. At this
point we present the results of two simulation models. The ﬁrst one, the chicken simulation model, was developed at the University of Hanover [CMMS+ 07] and used for their
work to investigate an approach to a quantitative emergence measure. The simulation data
consists of the x- and y-coordinates of chicken movements in a 2D grid. The negative selforganizing behavior in this scenario occurs if a chicken is injured and the other chickens
hunt and surround the injured one and try to peck it to death.
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Figure 3: Entropy and time derivative for the chicken simulation model

For the evaluation we contemplate a simulation with 20 chickens moving in a grid of 30x30
ﬁelds over a period of 2000 simulation steps. The upper part of Figure 3 shows the ﬁltered
and normalized entropy values over the simulated time steps for the chickens’ x- and ycoordinates (dashed and solid line). The strongly ﬁltered entropy values (ﬁltered with a
large ﬁlter window size) are plotted in a paler gray on top of the other ﬁltered entropy
values (both correspond to the left y-axis). The lower part of Figure 3 shows the entropys’
time derivative values with the y-axis on the right side.
The results of the long-term behavior analysis reveal no relevant details on a long-term
change - the strongly ﬁltered entropy values remain at a high level. But the analysis of
the short-term behavior, based on the time derivative, identiﬁes 5.2% lower and medium
changes for the x-coordinates respectively 8.9% changes for the y-coordinates at simulation steps around 500, 1000 and 1500. The occurrence of an injured chicken is responsible
for the self-organizing behavior, which leads to a decrease of the entropy values and the appearance of local minima, resulting in a corresponding zero-crossing in the time derivative
values at that time step. The short-term analysis found those simulation steps automatically without further domain knowledge. In this case the experts with domain knowledge
tell us that each 500 time steps an injured chicken is injected, which is exactly the outcome
of the automated analysis.
Further evaluations of simulation data from this model showed [Ger08] that this system
in general is changing quickly and that we need to cover the whole time span to detect
the self-organizing behavior. If we just observe the start and the end, or some arbitrary
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Figure 4: Entropy and time derivative for the pollination model and results of automated global
analysis

points of time to calculate the entropy difference as done in [MMS06], we would miss the
interesting points.
A totally different simulation model of a self-organizing system is the pollination model
[KB06]. It simulates the movements of bees while collecting and spreading pollen from
ﬂowers. The parameters consist of the x- and y-coordinates of bees, starting from one
point in a grid (the hive), heading towards the ﬂowers and returning to the starting point.
Figure 4 illustrates the ﬁltered entropy values for 20 bees during 1326 simulation steps.
The results of the global analysis show a change from medium distribution in the beginning (simulation steps 1 to 442) to a medium distribution in the middle region (simulation
steps 443 to 884) to low distribution at the end of the simulation (simulation steps 885 to
1326). So the long-term behavior analysis recognizes this system behavior, especially the
lowering of the entropy values from the middle to the end region, but fails to recognize the
increase in the starting region due to the fast rise of the entropy values.
Although the short-term behavior analysis shows no relevant details in the middle of the
simulation, it detects the change from a low entropy value at the beginning to the medium
value after about 100 simulation steps. Combining the results from the global and the
local analysis, we are able to recognize the fast change at the beginning of the simulation,
the lowering at the end, as well as the system’s long-term behavior. So, our combined
approach allows us to recognize the self-organizing behavior of this simulation model.
Although we are not able to recognize what kind of self-organizing behavior occurs, as
this would require domain knowledge, we are able to recognize it anyhow. Including
domain knowledge, the rise of entropy at the beginning of the data series characterizes the
start of the bees from the hive, heading towards the ﬂowers. In the end region the lowering
of the entropy values results from the bees returning to the hive when their capacity is
exhausted. As not all bees return at the same time the entropy values decrease stepwise.
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6 Conclusion
Our system is a generic approach for an entropy based analysis, which uses the combined
and automated short-term and long-term behavior analysis of entropy values over a period
of time to characterize and examine self-organizing behavior of complex systems. The
results of the evaluated systems indicate that this is a suitable approach as the combined
use of the short-term and long-term behavior analysis works for different types of systems. Particularly, as we do not have any a-priori knowledge about the system behavior,
we showed that this approach is capable of analyzing a system’s behavior without any additional information despite the raw data from the measured parameters, which we use for
our automated analysis.
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